This paper presents a new methodology for measuring MOS transistor current mismatch and a new transistor current mismatch model. The new methodology is based on extracting the mismatch information from a fully jhnctional circuit rather than on probing individual devices; this extraction leads to more ejjicient and more accurate mismatch measurement. The new model characterizes the total mismatch as a sum of two components, one systematic and the other random. For our process, we attribute nearly half of the mismatch to the systematic component, which we model as a linear gradient across the die. Furthermore, we preselzr a new model for the random component of the mismatch which is 60% more accurate, on average, than existing models.
Introduction
A good understanding of the matching behavior of components available in a particular integrated circuit technology is critical in designing analog IC's. With the advances in technology leading to smaller feature sizes and more stringent design constraints, device mismatch considerations are becoming increasingly important. An accurate model of transistor mismatch is an integral part of any CAD environment, as it enables the designer to make highlevel design trade-offs, such as area of transistor vs. mismatch, or distance between transistors vs. mismatch, at an early stage of the design cycle. It also allows the designer to accurately predict the circuit yield, and possibly to improve that yield through appropriate use of the insight gained from the mismatch models. For example, if we observe that the mismatch has a gradient in aparticular direction, then we can place the transistors to be matchedperpendicular to that gradient to get better matching. Even though the importance of matching is widely recognized, only a few studies have been conducted to accurately model it.
Mismatch in a certain component can be definedas the variation in the value of identically designed components. Mismatch can be divided into two categories: random and systematic. Systematic mismatch is that part of the total mismatch where a deterministic trend can be observed in the mismatch values of the various transistors. The remainder of the mismatch, in which no apparent trend is observed, falls under the category of random mismatch.
Some of the causes of transistor current mismatch, as described in [ 11, are edge effects, implantation and surface state charges, oxide effects andmobility effects. The presence of process gradients causes systematic mismatch in the parameter value of the device. Some of the sources of systematic mismatch, as described in 121, are variations in gate dimensions, gate-oxide thickness gradients, variations in channel doping, and source/drain asymmetry, such as introduced by the tilt angle of ion implants.
Most prior studies have been confined to the modeling of random mismatch. They either ignore the systematic mismatch or model it as an additional normally distributed stochastic process.
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No attempt has been made in these studies to separate the systematic component from the random component and propose a model for it. We model the systematic component as a linear gradient across the die. The dxection of the gradient is a function of the location of the die on the wafer. Our study shows that the systematic component accounts for nearly halfof the total mismatch. We further observe that the direction of the gradient across the die is consistent with a radial mismatch pattem across the wafer. With respect to the random component of the mismatch, we propose a model which is 60% more accurate, on average, than the previous models.
The organization of the paper is as follows. A brief overview of the previous work is found in Section 2. In Section 3 we present our approach of extracting and modeling mismatch, along with the results obtained. Section 4 presents our conclusions.
Previous Work
In most of the previous work, either the systematicmismatch is not considered at all [3], [4] or its effect is modeled as a stochastic process with a long correlation distance [ 11, [5] . In the Fourier domain this effect is modeled as a fixed low frequency contribution with a spatial frequency inversely proportional to the wafer diameter. Normal distribution is considered a reasonable approximation for t h i s [l] .
The drain current through a transistor operating in the saturation region is given by
(1)
where I is the drain current, K is the conductance constant, VT is the threshold voltage, and VGS is the drain-to-source voltage. VT and K are the statistically significant parameters of this model. Equation (1) implies that the variance in the drain current is given by
Here, 
It is found that the correlation coefficient, T , is negligible.
Pelgrom et. al. also propose a similar model by doing analysis in the frequency domain [l] . They show that if the random variations in a parameter, P, are caused by a process which can be modeled as spatial white noise, then the variance of that parameter is inversely proportional to the device area. They then propose that the causes of mismatch in MOS transistor parameters can indeed be modeled as spatial white noise. This leads to a term for mismatch which is inversely proportional to the area of the transistor. Further, they model the systematic mismatch as an additional stochastic process which is normally distributed. This gives rise to a term which depends on the distance between two transistors. The 6nal equations for the variance in K and VT for large geometry devices are and (
7)
Here, kl, k2, k3, and k4 are process related constants and D is the distance between the pair of rectangular devices to be matched.
Finally, Gregor [2] has reported some work on systematic mismatch, but it is concemed primarily with the causes of mismatch rather than with its modeling.
Approach
In this section we first give a description of the mismatch extraction methodology used to obtain the mismatch information for this study. We then present the mismatch extraction procedure in Section3.2. In Section3.3 wediscussourstudyofsystematicmismatch, followed in Section 3.4 by our model for random mismatch and its comparison with the previous models.
Extraction Methodology
We propose a new methodology for the measurement of mismatch which is based on the idea that extracting the mismatch information from the observed behavior of a functional circuit is often more efficient and more accurate than individually probing the devices. In this research, for example, transistor mismatch information was extracted from measurements on the D/A converter shown in Figure 1 . The converter contains a regular array of wansistors, and mismatch between the transistors in this regular array directly manifests itself as integral nonlinearity (INL) errors in the output of the D/A converter. Measurements of these INL errors, therefore, can be used to compute the mismatch of each transistor in the array.
This new methodology is more efficient because no probing of the wafer is required; all measurements can be made by applying various test vectors to the already-packaged chip. Furthermore, the new methodology is more accurate than measuring one device at a time because each component is, in effect, sampled multiple times. In the context of this research, the DAC functions by turning on various combinations of transistors; the output of the DAC for a given input code is the sum of the transistors which are ON for that code. Since each transistor is ON for more than one sample, the current contribution from that transistor is measured multiple times and hence the effective measurement noise is reduced. This effect is similar to measuring a single device multiple times and forming the average of those measurements.
Using this methodology to measure mismatch requires a means for mapping from the observed output of the circuit back to the component mismatches which could have causedthat output, since without this mapping it would be impossible to determine the individual component mismatches. This requirement is satisfied by using a behavioral simulator for the system which accurately models mismatch, such as the data converter behavioral model described in [6] . Note that the reverse mapping is particularly straightforward for current-source D/A converters, such as the ones used in this research, as illustrated in Sections 3.2.1 and 3.2.2.
Three different 10-bit DAC architectures were available for this study. All of the architectures are interpolating current-source D/A converters with both unit-weight and binary-weight transistor arrays; the architectures differ in the number of bits in each array. We call the three different architectures DAC46, DAC55, and DAC64. DAC46 has a 4-bit linear array (having 16 transistors) and a 6-bit binary array (having 6 binary-weighted transistors), to give 10 bits. Similarly, DAC55 has 32 transistors in the linear array and 5 binary-weighted transistors in the binary array and DAC64 has 64 transistors in the linear array and 4 binary-weighted transistors in the binary array. All the transistors in the linear array are identical for a given converter. The binary-weighted transistors are implemented by wiring the corresponding number of elemental transistors in parallel. For example, a transistor having a weight of 2X is implemented by switching two identical transistors of weight 1X together, and a transistor of weight 16X is implemented by switching 16 transistors of weight 1X together. The transistors that switch simultaneously in the binary array are arranged in a common centroid geometry, so the effect of any linear gradient is canceled and is not reflected in the output. The D/A converters were fabricated through MOSIS on the OlU3lT 2.0pm n-well and p-well processes, as detailed in Table 1 . Twelve different chips were available for each of the three DAC architectures. For further details on the design and fabrication of the D/A converters, see [7] .
Extraction of Mismatch Data
The DC transfer curve for each of the D/A converters was exhaustively characterized by attaching the DAC output to a highgain operational amplifier wired as an I/V converter. All 1024 273 Chip DAC46 DAC55 DAC64 
represent the value of current carried by the transistor that switches first in the linear array. By taking the average of all these values, we significantly reduce the noise from our measurements. Since the mismatch is roughly on the same order of magnitude as the measurementnoise, this averaging is an important step to improve the accuracy of the measurements.
Exactly the same procedure is applied in case of DAC55 and DAC64 to get the mismatch for the linear array.
Binary Array
Extracting the mismatch information from the binary array is more difficult, since we do not observe the current of any one transistor individually at the output. As an example, consider once again
represents the value of the current for the
represents the the value when the transistor corresponding to the next significant bit is ON, which actually represents the summed current output of two transistors that are connected in parallel as described in Section 3.1. Similarly, for the next higher bit we observe the sum of four identical transistors placed in parallel. Since the transistors that are used to implement any of the binary-weighted transistors are placed in a common centroid geometry, the effect of any linear gradient is canceled. Therefore only the effect of random mismatch is reflected in the output.
If we assume that each of the unit transistors has a mismatch which is normally distributed with 0 mean and a variance of u2, then the sum of the mismatch of two identically designed transistors will be normally distributed with 0 mean and variance of 2 2 . Similarly, the sum of mismatch of 2" transistors will be normally distributed with 0 mean and variance of 2"u2. Also, all these distributions are independent, since the transistors being switched ON in each of these cases are different. So, given 12 independent samples (from 12 different dies) from a distribution of N ( 0 , u2), N(0,2u2), N(0,4a2) N(0,2"-'u2) , for R. = 1,2, ... M . The JointProbability Distribution function, 9, for these distributions is given by (9)
Taking the logarithm on both sides and maximizing the log, ('p) w.r.1. u we get
Using Equation 10 we find the value of u2. We obtain a quite accurate estimate of U' because we have a relatively large number of data points: 72 data points (12 dies * 1 value for each of the 6 bits) for DAC46,60 for DAC55, and 48 for DAC64.
Study of Systematic Mismatch

Model Used
The systematic component of the mismatch represents that portion of themismatch which can be precisely predicted, given the process gradients. The random mismatch, on the contrary, represents that portion of the mismatch which is stochastic and hence cannot be predicted. The objective of a mismatch model, therefore, is to maximize the percentage of mismatch which can be systematically predicted and, with regard to the random mismatch, to characterize the u2 of the random mismatch as accurately as possible.
To determine what portion of the mismatch is systematic we generate 3-D plots of the actual mismatch values for the transistor arrays; typical plots are shown in Figure 2 . A very strong linear gradient is observed in all the arrays. We model this gradient by a plane which minimizes the mean square error from the actual values. For this we assume that the best fit plane has the form
(11)
The root mean square difference, e, of the mismatch values from the best fit plane is given by
Here, mismatch[i] is the mismatch value for the z t h transistor and N is the total number of transistors in the array. Solving Equations 13.14 and 15, we get the parameters of the best fit plane.
DAC55 DAC64
Results for systematic mismatch
Figure 2(b) shows the plot of the best fit planes corresponding to the plots of actual mismatch in Figure 2 (a). We observe that the best fit planes have a large inclination, indicating the importance of the systematic component. Notice that for a completely random mismatch, the best fit plane would be flat. Furthermore, note that these planes are oriented in different directions, so modeling the mismatch as a one-dimensional function of distance would not produce a very accurate model. To make any reasonably accurate predictions about the mismatch we need to know the relative placement of the transistors of interest, the orientation of the best fit plane, and the inclination of the best fit plane. Upon performing a 2-D FFT analysis on the mismatch manix, we observe a strong low frequency component. This analysis thus confirms that there is a systematic component of mismatch which varies slowly across the die and can be approximated by a plane.
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We calculate the variance of the total mismatch from the best fit plane to get the random mismatch. Table 2 gives the average percentages of mismatch that can be attributed to the systematic and the random parts. We see that roughly 40% of the mismatch, on average, is due to the systematic component.
In Table 3 we present the results of applying the previous model, which treats systematic mismatch as an additional stochastic process (a 1-dimensional function of distance), to our data. We see that the contribution of systematic mismatch as indicated by this model is significantly lower than that shown by our approach of modeling it by planes. Thus this model underestimates the true importance of systematic mismatch and falsely classifies it as random mismatch. Table 3 : Contribution of systematic mismatch by modeling it only as a function of distance.
The next problem in the modeling of systematic mismatch is to find the dependence of systematic mismatch on the position of the die on the wafer, since the direction of the best fit plane is different for different dies. Under the assumption that the origin of systematic mismatch is deterministic in nature, it should be possible to predict the directionof the gradient basedon the position of the die on the wafer. To model this we would need to know the actual location of each die on the wafer; unfortunately this information is not available for the three D/A converters studied in this paper. The only information that is available is a map of the wafer showing the possible sites for our chips. From t h i s map it is not possible to determine which die belongs to which site on the wafer. Nevertheless, we are able to make a few interesting observations. Figure 3 shows the wafer map from which DAC46 and DAC64 came.
The sites marked 'CA' correspond to our dies. A look at the wafer map shows that all the sites corresponding to our dies lie in the top half of the wafer. Now, a look at the value of the parameters of the best fit planes in Table 4 shows that all the planes for DAC46 Table 4 : Slopes of the best fit planes for DAC46 and DAC64. and DAC64 have a positive gradient in the y-direction (except for three values in DAC46), while roughly half of the planes have a gradient in the positive x-direction and other half have a gradient in the negative x-direction. If we assume that the dies having opposite x-direction gradients belong to the di€ferent sides of the y-axis, then the data is consistent with a radial distribution. For DAC55 the sites were distributed over the entire wafer and no consistentpattern in the directions of the gradients is observed.
Study of Random Mismatch
Random mismatch is characterized by its variance u2, and in this section we propose a model for accurately predicting this varianceas afunctionof VGS-VT anddevicearea. InSection3.4.1 we presentour model for the randommismatch andin Section3.4.2 we present the results of using this model and a comparison with the previous models.
Recall that for the binary D/A converters we estimate the variance of random mismatch by using the maximum likelihood estimation criterion. For the linear array we take the difference of the mismatch value from the best fit plane to get the random mismatch.
Taking the mean of the square of these values, we obtain the variance of random mismatch. We measured the mismatch values at two different reference currents, 1 mA and 0.6 mA.
Model Used
In this section we propose a modification to the existing models for random mismatch. The drain current in the saturation region is given by (16)
and the variance in the drain current, ignoring the correlation between VT and K , can be written as where U K and uvT is given by and The above model differs from the model proposed in [ 11 in two ways. First, we do not have any distance-dependent term because we have already accounted for the systematic mismatch. Second, we have added the IC3 term, which does not appear in the Pelgrom model, because in fitting Equation (19) to our data we observed that this k3 term, which does not contain an area dependence, was much more statistically significant than the corresponding areadependent term (corresponding to kz). The addition of this k3 term leads to an average improvement of nearly 60% as compared to the previous models, as shown in the following section.
Results for Random Mismatch
The values for the various variables in Equations (17), (18), and (19) are shown in Table (5) . Equation (1 6) is used to calculate the nominal value of VGS -VT.
Values of the parameters kl, IC' , and k3 were obtained using nonlinear programming. In the nonlinear programming we minimize the square of the difference between the actual and predicted values, subject to the constraint that each of the coefficients must be greater than or equal to 0. The value of k2 comes out to be zero in our model, validating our claim that the contribution of k3 is much more significant than the IC2 term.
In Table 5 we present the actual values of UI/I vs. the values predicted by our model, along with the percentage errors. The average error from the actual values is approximately 12%. A comparison of our model with that in [l] and [4] is presented in Table 6 . In this comparison, only the random part of the total mismatch was used. The mean percentage error is reduced by 60%, from approximately 30% to 12%, by using our model over the previous models.
Conclusions
We have proposed both a new method for measuring MOS transistor current mismatch and a new transistor current mismatch model. The conclusions of this study are as follows: 0 Extracting mismatch information from analysis of a functional circuit rather than from individual probing of devices can lead to more efficient and more accurate mismatch measurement.
0 The total transistor mismatch should be modeled as the superpositionof randommismatchon systematic mismatch.
0 The contribution of the systematic component to the total mismatch is as significant as the contribution of the random component. In our circuits the systematic component accounts for approximately 40% of the total mismatch.
0 Systematic mismatch can be modeled as a linear gradient across the die, with the direction of the gradient being an important consideration for accurate prediction of mismatch.
0 The direction of the gradient depends on the location of the die on the wafer, and our results show that the direction of the gradient is consistent with a radial mismatch pattem.
0 Our model for predicting the variance of random mismatch produces approximately 60% more accurate results than the previous models.
Future Work
We believe that the methodology we have used to extract transistor mismatch information from D/A converters can be generalized to extracting other parameters of interest from complex circuits, as opposed to the common practice of attempting to measure these parameters with special structures and probe pads. Furthermore, we believe that circuits can be specifically optimized to maximize their sensitivity with respect to particular process parameters, and that these specially-optimized circuits would be an efficient and accurate way to measure process parameters.
In addition, we intend to develop a wafer-level model of process gradients. This study of transistor current mismatch has shown that such a model would be very useful in predicting the direction and possibly the incline of the systematic portion of the mismatch.
